In this paper, we introduced a new class of p-valent analytic functions using a linear multiplier Dziok-Srivastava operator D m,q,s p,λ, f (z)(m ∈ N 0 = {0, 1, ...}, q ≤ s + 1; q, s ∈ N 0 , λ ≥ 0, ≥ 0). Hölders inequalities results and modified Hadamard produt for functions belonging to this class are obtained.
Introduction
Let A (p) denote the class of functions of the form:
which are analytic and p-valent functions in the open unit disc U = {z : |z| < 1}. We denote by S
The Hadamard product (or convolution) of f and g is defind by
Also denote by T (p) the subclass of A (p) consisting of functions of the form
Recently, Nishiwaki and Owa [13] have studied some results of Hölder-type inequalities for a subclass of p-valent functions. Now, we recall the generalization of the convolution due to Choi et al. [6] .
For functions f j (z) ∈ T (p) are given by
a k,j z k (a k,j ≥ 0; j = 1, 2, ..., m) , (
we define
and 10) where G m (z) denotes the modified Hadamard product of f j (z)(j = 1, 2, ..., m) which are given by (1.8) . Therefore, H m (z) are the generalization modified Hadamard product. Remark 1.
(i) For m = 2, then G 2 (z) = (f 1 * f 2 )(z).
(ii) For q j = 1, we have G m (z) = H m (z).
Further for functions f j (z)(j = 1, 2, ..., m) which are given by (1.8), the familiar Hölder inequality assumes the following form (see [12, 20] ):
(1.11) For positive real values of α 1 , ..., α q and β 1 , ..., β s (β j / ∈ Z − 0 = {0, −1, −2, ...} ; j = 1, 2, ..., s), we now define the generalized hypergeometric function q F s (α 1 , ..., α q ; β 1 , ..., β s ; z) by (see, for example, [19 
where (a) m is the Pochhammer symbol defined by
Corresponding to the function h(α 1 , ..., α q ; β 1 , ..., β s ; z) defined by 14) we consider a linear operator H(α 1 , ..., α q ; β 1 , ..., β s ) : A (p) −→ A (p) which is defined by following Hadamard product (or convolution):
We observe that for function f (z) of the form (1.1) we have
where [7] , and it includes (as its special cases) various other linear operators for example Carlson and Shaffer [4] and Ruscheweyh [17] .
We define the linear multiplier Dziok-Srivastava operator
If f (z) is given by (1.1), then from (1.16) we see that
The operator D m,q,s p,λ, f (z), can be written in terms of convolution as follows:
where
By specializing the parameters q, s, α 1 , β 1 , λ and , we obtain the following operators studied by various authors:
λ f (z) (see Al-Oboudi and Al-Amoudi [2] and Aouf and Mostafa [3] Dziok and Sirvastava [7] ).
For 0 ≤ δ ≤ 1, 0 < β ≤ 1, −1 ≤ A < B ≤ 1, 0 ≤ γ ≤ 1 and 0 ≤ α < p we let the class DF m,p,δ λ, ,γ (α, β, A, B) denote the subclass of T (p) consisting of functions of the form (1.7) and satisfing the condition:
.
( λ, ,γ (α, β, A, B) = K p (α) (see also Nishiwaki and Owa [13] , with n = 1).
Also we note that: (i) For q = 2, s = 1 and α 1 = α 2 = β 1 = 1, we have
(ii) For = 0, q = 2, s = 1 and
In this paper, we discuss some interesting Hölders inequalities results and modified Hadamard product for functions f (z) ∈ DF m,p,δ λ, ,γ (α, β, A, B).
Coefficient estimates
Unless otherwise mentioned, we assume in the reminder of this paper that
In the following theorem we obtain necessary and sufficient conditions for functions f (z) ∈ DF m,p,δ λ, ,γ (α, β, A, B) .
and Φ Proof. Assume that the inequality (2.1) holds true, we find from (1.7) and (1.22) that
Hence, by the maximum modulus theorem, we have f (z) ∈ DF m,p,δ λ, ,γ (α, β, A, B).
Conversely, Let
Now since Re {z} ≤ |z| for all z, we have
Choose values of z on the real axis so that f (z) is real. Then upon clearing the denominator in (2.3) and letting z → 1 − through real values, we have
This completes the proof of Theorem 1. 
Hölder's inequality
Proof. Let f j (z) ∈ DF n,q,s λ, ,γ (η j , β, A, B), we have
with q j > 1 and
Applying Hölder's inequality (1.11), we find that
Thus, we have to determine the largest ζ such that
Therefore, we need to find the largest ζ such that
This implies that
which is equivalent to
which is an increasing function in k. This completes the proof of Theorem 2. 
where (r = Example 1. Let the functions f j (z)(j = 1, 2, ..., m) defined as follows:
where R p+j+1 is given by (2.2) Then H m (z) ∈ DF m,p,δ λ, ,γ (ζ, β, A, B) with
Because, for functions from (2.13), for j = 1, 2, ...m, we have
Therefore H m (z) ∈ DF m,p,δ λ, ,γ (ζ, β, A, B). Putting s j = 1 and m = 2 in Theorem 2, we obtain of the following corollary: 
Open problem
The authors suggest to discuss the integral mean, neighbourhood and partial sum for the class DF m,p,δ λ, ,γ (α, β, A, B).
